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Tarski's use of the liar paradox is famous, but officially it is the Grelling paradox that has final 

pride of place in Tarski's argument, not the Liar at all. Tarski explicitly gives argumentation that 

adverts to the liar argument, but it is an alternative argument—one he only hints at and which 

adverts to the Grelling—which he says has the advantage. In this paper, we will examine how the 

Grelling might be used in place of the Liar in Tarski's argument for his exact indefinability 

thesis, and assess in what way the difference might be significant. In brief, the results of this 

investigation will be as follows. First, the version of the Grelling that Tarski sketches does not 

serve the purpose, but we can construct a version that does. With it, one can argue for a 

strengthened version of the exact indefinability thesis just as Tarski alleges. Second, a simple 

variant of Tarski's Liar would have done just as well. Third, the success in this regard of the 

Grelling variant of Tarski's argument exacerbates a tension in Tarski and undermines the typical 

justifications for Convention T. This vexed, but unnoted, tension in Tarski is between Tarski's T-

strategy (which underlies Convention T) for the truth definition problem, and the fact that not all 

T-sentences are true. We can pose this as a problematical question: what is the status of T-

sentences such that i) it makes sense to insist that an adequate truth definition should entail them, 

even though ii) it is knowable apriori that not all of the T-sentences in question are true? The 

apriority alluded to in the second clause is the fruit of Tarski's success with the Grelling, and 

raises the stakes on this question accordingly. In the final part of the paper, I will offer a precise 

characterization of the conceptual status of T-sentences that answers the question and resolves 

the tension. 

1. Tarski's Use of the Liar 

It will be important for our purposes to get very clear about Tarski's use of the Liar. The received 

view about this seems to be that Tarski introduces the paradox, stresses its seriousness and then 
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offers a solution of some kind to it. In fact, this is not a correct depiction of Tarski's involvement 

with the Liar and will not serve us here. Tarski does not offer a solution to the Liar per se. He 

evidently believed that a satisfactory solution of the paradox was extant, and says as much at the 

outset of his central paper on truth (1935, pg. 152). We do not need to dwell on this interpretive 

matter here, however. All we need agree on is the indisputable fact that Tarski's introduction of a 

liar argument in both (Tarski, 1935) and (Tarski, 1944) is explicitly in the service of establishing 

the indefinability of truth in certain kinds of languages. The arguments offered in those two 

papers are distinct and support different though related indefinability theses. The arguments have 

in common that they refer to a liar argument. We may formulate the two indefinability theses as 

follows. 

Colloquial Indefinability Thesis (1935): A truth predicate for a colloquial 
language is indefinable in that colloquial language. 

Exact Indefinability Thesis (1944): For exactly specified language L, a truth 
predicate for L is indefinable in any exactly specified language M in which i) a 
liar argument for L is formulable, ii) the identity premise of that liar argument is 
an assertible sentence, and iii) the normal laws of logic hold. 

In this paper, I shall be concerned only with Tarski's considered view, which is represented by 

the exact indefinability thesis of (1944). 

To understand the exact indefinability thesis and how reference to a liar argument yields an 

argument for this thesis, there are several notions which need to be spelled out. First, Tarski 

refers in his argument to a liar argument of the following form. 

1) 'The sentence with feature F is not true in L' is true in L iff the sentence with feature F 
is not true in L 

2) 'The sentence with feature F is not true in L' is identical to the sentence with feature F. 
3) Hence, 'The sentence with feature F is not true in L' is true in L iff 'The sentence with 

feature F is not true in L' is not true in L. 

Where some particular feature F is used in the case such as being a sentence occurring on a 

certain page of a certain book. This feature is carefully chosen so as to vouchsafe the truth of (2). 

Note, it is an incidental feature of our formulation that the same sorts of words are used in the 



   

  3 

quote marks as without. All that is important is that the string in quote marks have the same 

meaning in our target language L as does the sentence used on the right side of the biconditional 

in (1). We shall refer to the first premise as the T-sentence premise of the liar argument, and the 

second premise as the identity premise. If the target language of a liar argument is L and the 

argument itself is given in a language M, then let us say that it is a liar argument for L in M. We 

note for future reference that the above argument is classically valid, and its conclusion is 

(classically) deductively inconsistent. 

Also, for our purposes, I introduce below minimal principles regarding exactly specified 

languages, assertible sentences, formally correct definitions, and adequate truth definitions. 

Throughout our discussion, we will only be concerned with exactly specified languages, where 

an exactly specified language is just an interpreted language with distinguished primitive 

vocabulary and grammar, a set of axioms, and both rules of inference and definition. 

Principle of Adequacy: For exactly specified languages M and L, if there is an 
adequate truth definition for L in M, and the T-sentence premise for a liar 
argument for L is formulable in M (or becomes so by dint of the rules of 
definition), then that T-sentence is derivable from the definition together with the 
axioms of M.  

Condition on Formal Correctness: For any exactly specified language, M, and 
any sentence, D, and predicate, p, of M: if there is a (possibly empty) set of 
sentences, S, such that i) term p is not used anywhere in S, ii) S is deductively 
consistent, iii) S is a subset of the assertible sentences of the language, iv) S+D is 
deductively inconsistent, then D is not a formally correct definition of predicate p. 

My reconstruction of Tarski's indefinability argument will appeal to the above two principles. 

The Principle of Adequacy is entailed by Tarski's Convention T (1935, pg. 188), considered 

generally. And while Tarski never makes explicit just what formal correctness comes to, 

something like the above Condition on Formal Correctness is quite necessary for the argument 

for his exact indefinability thesis.1 It is, in any event, a condition that no one should object to, 

                                                
1  Benson Mates (1972, pg. 201), whose book owes its largest debt to Tarski, takes a formally correct definition to 

be one that satisfies the now-traditional requirements of eliminability and non-creativity. The condition I have 
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provided we mean by assertible sentences of the language something reasonably sensible. For 

our discussion, we will take the assertible sentences of an exactly specified language, M, to be 

the least set of sentences that i) includes the axioms of M, ii) includes all empirical sentences of 

M that are confirmed to some (here unspecified) standard, and iii) is closed under the rules of 

inference of the language (1935, pg. 166; 1944, pg. 346-7). Clause (ii) is crudely put, but we will 

not fret over this here. The only sorts of sentences we will need to assume are in this category are 

things like the identity premise of a liar argument—sentences which none doubt the truth of. 

With these understandings, we can now formulate the reasoning of Tarski's argument as 

follows.2 

Argument for the Exact Indefinability Thesis:  
1) Suppose that M is an exactly specified language in which i) the sentences requisite for 

a liar argument for L are formulable, ii) the identity premise of that liar argument is 
an assertible sentence of M, and iii) the normal laws of logic hold.3 [premise] 

2) BWOC, suppose there is a formally correct and adequate truth definition, D, for L in 
M. 

3) The identity premise of a liar argument is formulable and assertible in M [from 1i, 
1ii]. Let S be the set containing just that identity premise. Note that no term for truth 
in L is used in the single sentence in S. 

4) S is deductively consistent (in M). [from 1iii,3] 
5) The T-sentence premise of that liar argument is formulable in M and derivable from 

D. [from 1i, Princ. of Adequacy] 
6) It follows that the conclusion of that liar argument is derivable from S+D. [from 

3,5,1iii] 
7) The conclusion of that liar argument is deductively inconsistent in M. [from 1iii] 
8) S+D is itself deductively inconsistent. [from 6,7] 

                                                                                                                                                       
formulated above is a kind of strict non-creativity condition. Non-creativity only in Mates' sense is, as far as I 
can see, not adequate to support Tarski's colloquial or exact indefinability results.  

2  In §8 of (1944, pp. 348-9) Tarski gives the result for which the argument to follow is a reconstruction. Tarski's 
own statement mixes together a negative result (the indefinability result) and a positive proposal (the 
specification of a domain of languages in which the truth definition problem may yet be solvable). It is the 
negative result which interests us here. Languages that meet condition (1) of our reconstructed argument are 
ones in which an adequate and formally correct truth predicate cannot be constructed, and that is why Tarski's 
positive proposal is very sensibly to restrict our further attention to languages which do not meet all those 
conditions—semantically open languages, in particular. So, we here wish to formulate and argue for just the 
negative result—which closely parallels Tarski's indefinability result for semantically-open languages of infinite 
order (1935, pg. 247, Theorem I), and has as its historical antecedent the argument of (1935, pp. 164-5). 

3  That is, the inference rules of M are classical. This third condition could be weakened considerably. All that we 
require here is that the inference rules of M underwrite steps (4), (6), and (7). 
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9) So, there is an S such that S is deductively consistent, contains only assertible 
sentences of M which nowhere use the defined term of D, and is such that S+D is 
deductively inconsistent. [from 3,4,8] 

10) Thus, contrary to our supposition, D is not formally correct [from 9, Cond. on Formal 
Correctness]. 

11) We conclude, by reductio ad absurdum, that there is no formally correct and adequate 
truth definition in M (for L). [from 2-10] 

12) That is, as we may say, truth for L is indefinable in M. [from 11] 

It is for the sake of being able to draw such an indefinability conclusion that Tarski introduces 

the liar argument into his discussion of truth. The resulting theorem, the exact indefinability 

thesis, has three key antecedent conditions—given in premise (1)—notable among which is the 

assumption that the identity premise of a liar argument is an assertible sentence of the language 

in question. 

2. Tarski's Use of the Grelling 

Tarski suggests that his indefinability result can be strengthened. The premise which we have 

noted, (1ii), is an evidently empirical antecedent condition of the indefinability thesis. It is an 

empirical condition, because to know that the identity premise is (in Tarski's sense) assertible in 

a given language would, presumably, require knowing that the identity premise was, in the 

requisite way, empirically confirmed.4 But to empirically confirm the identity premise of Tarski's 

Liar one would presumably have to do things like see which sentence it is that occurs on line 

such-and-such of page so-and-so of a certain book, and confirm that it is identical to the sentence 

quoted in the liar argument in question (or, perhaps, ascertain these things from someone who 

had). Thus, if the indefinability thesis is argued on the basis of the sort of liar argument Tarski 

gives, then to know if that thesis applied to some particular language, one would have to have a 

certain kind of background empirical confirmation. Hence, it appears that one could only know 

aposteriori that the indefinability thesis applied to a particular language. 

                                                
4  The presumption being that this is the only way that a premise of that sort could come to be included among the 

assertible sentences of the language. Obviously, there are ways to play funny with this Tarskian presumption. 
One could include the identity premise in the axioms of the language, one could adopt a funny confirmation 
principle that the identity premise could be seen to pass without actual empirical support, etc. Tarski does not 
worry himself with formulating things so as to rule such tricks out, and we will follow suit here. 
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Tarski thinks, however, that a strengthened thesis can be argued which dispenses entirely with 

the empirical antecedent condition. He suggests several times that one can get just such a 

strengthened argument using as a basis an appeal to the Grelling instead of the Liar. The idea 

first appears in (Tarski, 1944) and Tarski there also indicates the sort of Grelling argument that 

he has in mind. 

We have assumed that we can formulate and assert in our language an empirical 
premise such as the statement (2) [of our liar] argument. It turns out that [this 
assumption] is not essential, for it is possible to reconstruct the antinomy of the 
liar without its help.11(11 This can roughly be done in the following way. Let S be any 
sentence beginning with the words "Every sentence." We correlate with S a new sentence S* by 
subjecting S to the following two modifications: we replace in S the first word, "Every," by "The"; 
and we insert after the second word, "sentence," the whole sentence S enclosed in quotation 
marks. Let us agree to call the sentence S "(self-)applicable" or "non(self-)applicable" dependent 
on whether the correlated sentence S* is true or false. Now consider the following sentence: 
'Every sentence is nonapplicable'. It can easily be shown that the sentence just stated must be both 
applicable and nonapplicable; hence a contradiction. It may not be quite clear in what sense this 
formulation of the antinomy does not involve an empirical premise; however, I shall not elaborate 
on this point. (1944, pg. 348) 

Also, in a 1956 footnote to (Tarski, 1935),5 Tarski suggests that a Grelling-based indefinability 

argument does something like the work of his Theorem I—an indefinability result for languages 

of infinite order which is proved with the aid of tools from Gödel's proof of the incompleteness 

theorem. Tarski represents the proof of Theorem I as also rooted in a Liar-like phenomenon, but 

suggests that this proof has the same virtue that he accorded to the Grelling-based argument 

alluded to above, because it allows us to avoid "all premisses of an empirical nature which have 

played a part in the previous formulations of the antinomy of the liar." Still, in the end, Tarski 

thinks the Grelling-based argument is even yet more general than this Gödel-based argument. So, 

                                                
5  "If we analyse the sketch of the proof [of Theorem I] given below we easily note that an analogous 

reconstruction could be carried out even on the basis of colloquial language, and that in consequence of this 
reconstruction the antinomy of the liar actually approximates to the antinomy of the expression 'heterological'. 
For a rather simple reconstruction of the antinomy of the liar in this direction see [(1944, footnote 11), quoted 
above]. It seems interesting that in this reconstruction all the technical devices are avoided which are used in the 
proof of Th. I (such as interpretation of the metalanguage in arithmetic or the diagonal procedure). In connexion 
with the last paragraph of the text cf. the concluding remarks of §1, pp. 164 f., and in particular p. 165, note 1.]" 
(pg. 248 ftnt 19) 
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in the final analysis, the Grelling-based argument holds a certain pride of place for Tarski, over 

both the Liar-based and Gödel-based arguments.  

3. Significance of a Grelling Version 

So, to pursue Tarski's suggestion, if we take his exact indefinability thesis, drop the empirical 

condition and shift to an appeal to a Grelling argument instead of a liar argument, we would 

expect the resulting strengthened thesis to look something like this. 

Strong Indefinability: For exactly specified language L, truth for L is indefinable 
in any exactly specified language M in which i) a Grelling argument for L is 
formulable, and ii) the normal laws of logic hold. 

Let us consider more closely what might be the significance of obtaining this stronger result. 

An obvious virtue that the strengthened thesis might afford has already been mentioned: some 

apriori knowledge of the indefinability of truth for particular languages. Assuming that the two 

background assumptions used in our argument for the unstrengthened exact indefinability thesis 

have the requisite status, that thesis itself is a purely conceptual one—the sort of thesis we count 

apriori. However, an indefinability conclusion drawn for some particular language using that 

thesis can only be aposteriori. This is because, as we said, application of the thesis to some 

language requires confirmation of the empirical antecedent condition of the thesis. The 

strengthened thesis, by dispensing with this empirical condition, could render knowledge in 

application of the thesis apriori. 

In addition, if the indefinability thesis can be strengthened, then a number of related Tarskian 

theses can also be strengthened in a parallel fashion, Tarski's infamous inconsistency thesis, for 

example.6 

                                                
6  Just as with the indefinability theses, we also find two distinct inconsistency theses in Tarski. There is a 

Colloquial Inconsistency Thesis in (1935) which is repudiated by Tarski in (1944) where he offers the Exact 
Inconsistency Thesis considered here. This change of view in (1944) has evidently been overlooked by Tarski's 
commentators. I should mention also that Tarski accords no very special significance to his inconsistency 
theses. They are in fact, in each case, just part of Tarski's chosen way of arguing for his indefinability theorems. 
My own formulations of the arguments are not routed through these inconsistency claims, because it is not an 
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Exact Inconsistency Thesis: For exactly specified languages L and M, language M 
is inconsistent if it is one in which i) the T-sentence premise of a liar argument for 
L is formulable, ii) the empirical premise of that liar argument is an assertible 
sentence, and iii) the normal laws of logic hold. 

Where, for any exactly specified language, M, we say that M is an inconsistent language just in 

case some deductively inconsistent sentence is among the assertible sentences of M. 

A broader thesis that remains tacit in Tarski would also be affected. Tarski is sometimes said to 

hold an "inconsistency view of truth"—the view that truth predicates in suitably expressive 

languages are inconsistent. Once we spell out what it is supposed to mean for a predicate to be 

inconsistent, the view being attributed is pretty much captured by Tarski's inconsistency thesis 

stated above. So understood, of course, Tarski does have the inconsistency view of truth, but this 

attribution does not go very far in telling us about his view of truth, because it does not say 

anything about what his position is with respect to the concept of truth—which is, for most 

philosophers, ultimately the subject matter of interest. I believe Tarski is best understood as 

having held an "incoherence view of the concept of truth", and with a little studious 

extrapolation, it is not hard to articulate and prove a further thesis that we may justly consider 

Tarskian: 

General Incoherence Thesis: The concept of sentential truth is incoherent.7 

I think that this thesis should form a central part of our understanding of Tarski's theory of truth, 

but it has only a side-role to play here, so I will limit myself to the following observation. It takes 

a bit of work to clarify the content of this incoherence thesis and show how it may be argued 

with basically Tarskian materials. It will suffice to note here that the establishment of this 

important result depends on establishing that there is at least one language with a truth predicate 

to which Tarski's indefinability thesis applies. And so, it turns out that, if Tarski's indefinability 

thesis can be strengthened, the incoherency thesis will turn out to be an apriori thesis. In this 
                                                                                                                                                       

essential way station of the argumentation, and Tarski's use of it has been a source of puzzlement and doubt in 
the literature, and so best avoided in our main discussion. 

7  One can also establish by the same means that the concept of a true sentence of this or that particular language 
is incoherent. 
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way, the status of that thesis (whatever exactly it comes to) that makes Tarski's view an 

"incoherence view" (or an "inconsistency view" for that matter) is significantly effected.8 

Finally, all these differences in apriori status turn out to be significant for an unexpected reason, 

namely, because they create a difficulty for Tarski's T-strategy of truth definition. So, in a sense, 

if Tarski is right about the strengthening, then there is a difficulty with the starting point of 

Tarski's investigation—and the imposition of Convention T in particular. There is already some 

tension between Tarski's indefinability result and his T-strategy. Strengthening the indefinability 

result makes this tension especially vexed.  

4. Reconstruction of the Grelling Version 

With the stakes now firmly in mind, we turn to see if the Grelling can really be marshaled to 

Tarski's purpose. To begin our exploration of this question, here is a formulation of a Grelling 

argument patterned in an obvious way on Tarski's sketch (quoted in §2). 

Def: For all S, S is self-applicable iff i) S is a sentence of L, ii) it begins with 'Every 
sentence', and iii) the result of replacing that 'every' by 'the', and inserting S in quotes 
after 'sentence' is a sentence true in L. 

 
Defined Grelling Argument: 

0) For all S, S is self-applicable iff i) S is a sentence of L, ii) it begins with 'Every 
sentence', and iii) the result of replacing that 'every' by 'the', and inserting S in quotes 
after 'sentence' is a sentence true in L. [by definition] 

1)* 'The sentence 'Every sentence is not self-applicable' is not self-applicable' is true in L 
if and only if the sentence 'Every sentence is not self-applicable' is not self-applicable. 
[T-sentence premise] 

2) BWOC, suppose 'Every sentence is not self-applicable' is self-applicable. 
3) It follows that, 'The sentence 'Every sentence is not self-applicable' is not self-

applicable' is true in L. [from 2,0] 
4) The sentence 'Every sentence is not self-applicable' is not self-applicable. [from 3,1] 
5) Contradiction [from 2,4] 
6) So, by reductio, 'Every sentence is not self-applicable' is not self-applicable. [from 2-

5] 
7) 'The sentence 'Every sentence is not self-applicable' is not self-applicable' is true in L 

[from 6,1] 

                                                
8  For a discussion of the Incoherence Thesis, see (Ray, 2002). 
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8) But now we can infer, 'Every sentence is not self-applicable' is self-applicable. [from 
7,0] 

9) Contradiction [from 6,8] 

Here we have an argument apparently of the right sort for Tarski's use, and it has a T-sentence 

premise, (1), like the Liar argument, but no empirical premise like the Liar did. Yet, this Grelling 

argument will not work for Tarski's purposes. If we try to construct an argument for 

indefinability along the lines of the argument we gave earlier, we are led only to the conclusion 

that truth for L is indefinable in M or the Grelling definition statement is not formally correct. 

Thus, to get an outright indefinability result, we must take on a new antecedent condition to the 

effect that the Grelling definition is formally correct. In short, the Defined Grelling argument 

only seems to support an indefinability result such as the following. 

Exact (Def Grelling) Indefinability Thesis: For exactly specified language L, truth 
for L is indefinable in any exactly specified language, M, in which i) a Defined 
Grelling argument for L is formulable, ii) the definition statement used in that 
Grelling argument is a formally correct definition,9 and iii) the normal laws of 
logic hold. 

While this is a bona fide indefinability result and the auxiliary condition is evidently not an 

empirical one, it is still not the result we were seeking. This thesis is of uncertain significance. 

We should think that it tells us something directly significant about the indefinability of truth 

predicates only to the degree to which we think that Grelling definitions are themselves above 

reproach.10 Unless we have good reason to think that the 'self-applicable' definition is 

unexceptionable, we fall short of the desired indefinability result. So, the Defined Grelling, 

                                                
9  Actually, a slightly weaker, but not less confounding, condition could be used here, namely that there is a 

formally correct Grelling definition for L in M, if there is a formally correct and adequate truth definition for L 
in M. 

10  To see this more clearly, imagine that this sort of argument was the only one we knew by which to cast doubt 
on truth definitions. If this were the case, it seems clear that much before we came to doubt the definability of 
truth, our suspicions would fall upon Grelling definitions—which are, after all, trumped-up just to make trouble. 
The take-home lesson would not be one about the indefinability of truth, but about what is funny about Grelling 
arguments. A lesson we might formulate thusly: For exactly specified language, L, there is no formally correct 
Grelling definition for L in any exactly specified language M in which i) a Defined Grelling argument for L is 
formulable, ii) truth in L is definable, and iii) the normal laws of logic hold. It is only if we have some 
independent argument for impugning the truth definition rather than the Grelling definition. Of course, we know 
of such an argument, our Liar-base indefinability argument, but this employs an empirical antecedent condition, 
and our current aim is to see if we can construct an argument that does not appeal to any such condition. 
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though patterned after Tarski's own description, does not enable one to argue for Strong 

Indefinability as Tarski suggested. There might be some concern at this point as to whether, after 

all, Tarski really meant to lay claim to an argument for something so strong as Strong 

Indefinability. This concern is, perhaps, mooted by the following demonstration which shows 

Tarski can very well have that strong result. 

My strategy is a give a Grelling argument which uses no auxiliary definition. The argument I 

present will look very like what we had before, except the appearance of special terms in it will 

be understood to be mere abbreviations of presentational convenience, not defined terms. The 

argument I have in mind is as follows. 

For simplicity of expression, we will present the self-applicability argument in an 
abbreviated form. The argument itself can be obtained from the abbreviated form 
below by everywhere replacing occurrences of 'SA' with the expression 'such that 
the sub of it is a sentence true in L,' and subsequently replacing (last to first) 
occurrences of the form Úsub of α¿ with the complex expression Úresult of 
concatenating 'The sentence', a word-break, a single-quote mark, an instance of α, 
a single-quote mark, a word-break, and the result of deleting the first two words 
of α¿.11 

Abbrev Grelling Argument: 
0)* 'The sentence 'Every sentence is not SA' is not SA' is true in L IFF the sentence 

'Every sentence is not SA' is not SA. [T-sent premise] 
1)* 'The sentence 'Every sentence is not SA' is not SA' is identical to the sub of 'Every 

sentence is not SA'. [identity premise] 
2) BWOC, suppose the sentence 'Every sentence is not SA' is SA. 

3) 'The sentence 'Every sentence is not A' is not SA' is true in L. [from 1,2] 
                                                
11  Applying these instructions to premise (1) yields the perfectly sensible but obviously monstrous sentence, 'The 

sentence 'Every sentence is not such that the result of concatenating 'The sentence', a word-break, a single-
quote mark, an instance of it, a single-quote mark, a word-break, and the result of deleting the first two words 
of it is a sentence true in L' is not such that the result of concatenating 'The sentence', a word-break, a single-
quote mark, an instance of it, a single-quote mark, a word-break, and the result of deleting the first two words 
of it is a sentence true in L' is identical to the result of concatenating 'The sentence', a word-break, a single-
quote mark, an instance of 'Every sentence is not such that the result of concatenating 'The sentence', a word-
break, a single-quote mark, an instance of it, a single-quote mark, a word-break, and the result of deleting the 
first two words of it is a sentence true in L', a single-quote mark, a word-break, and the result of deleting the 
first two words of 'Every sentence is not such that the result of concatenating 'The sentence', a word-break, a 
single-quote mark, an instance of it, a single-quote mark, a word-break, and the result of deleting the first two 
words of it is a sentence true in L', which defies direct comprehension. 
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4) The sentence 'Every sentence is not SA' is not SA. [from 3,0] 
5) Contradiction [from 2,4] 

6) So, the sentence 'Every sentence is not SA' is not SA. [from 2-5] 
7) 'The sentence 'Every sentence is not SA' is not SA' is true in L. [from 0] 

8) 'Every sentence is not SA' is SA. [from 1,7] 
9) Contradiction [from 6,8] 

It is important for our purposes that we are not using specially-defined terms in this argument. 

We used some abbreviations in communicating the argument in question, but the argument itself 

does not use terms like 'SA' or 'the sub of', and no definition statements occur in it. 

Now, this Abbrev Grelling argument does not employ any definitions, but it does employ an 

identity premise, (1), just as did the liar argument with which we began. Consequently, it is not 

hard to see that an indefinability argument based on appeal to such an Abbrev Grelling argument 

will net us only the following sort of thesis. 

Exact (Abbrev Grelling) Indefinability Thesis: For exactly specified language L, 
truth for L is indefinable in any exactly specified language, M, in which i) an 
Abbrev Grelling argument for L is formulable, ii) the identity premise of that 
Grelling argument is an assertible sentence of the language, and iii) the normal 
laws of logic hold. 

If clause (ii) of this thesis turns out to be an empirical condition, then we will have made no 

headway at all over the Exact (Liar) Indefinability Thesis. So, everything now depends on 

whether there is any good and interesting sense in which the identity premise of Tarski's liar 

argument is an empirical premise and the identity premise of the Abbrev Grelling argument is 

not. There is at least this. To confirm the identity premise of Tarski's liar argument, we have to 

look into a certain book to see what sentence occurs on a certain line of a certain page. This is 

very different from what confirmation of the identity premise of the Abbrev Grelling requires. 

To see that this identity sentence is true requires us to see that the quoted sentence on the one 

side is in fact the sentence which results from performing a certain syntactical substitution. So, 

what we need is purely syntactical knowledge. If languages are conceived of as abstract, 
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structured entities, then such syntactic facts about sentences can be reasonably accorded apriori 

status. Plausibly then, we have here struck upon a Grelling-based indefinability thesis that 

constitutes a strengthening in just the way Tarski envisioned. 

5. Liar Redux 

So, we can do what Tarski said, but our result is also disappointing since, if the difference in 

"empirical status" Tarski pointed to just comes down to the sort of difference in status we see 

between the identity premises of Tarski's Liar and the Abbrev Grelling, it does not take much to 

see that this difference was, after all, just an artifact of Tarski's particular choice of liar argument. 

To see that this is so, first note that a general form for the sort of simple liar arguments of which 

Tarski's is an instance is as follows. 

α is true iff δ is not true 
α is identical to δ 
∴  Contradiction 

It seems an accident of choice that the definite description that stands in the place of 'δ' in 

Tarski's liar argument makes reference to token sentences in physical books. Consider instead an 

instance of the same form, call it the "Modified Liar", which uses a simple name and quote name 

as follows. 

'c is not true' is true iff c is not true. 
'c is not true' is identical to c. 
∴  c is true iff c is not true. 

The minor premise here does not require that one look in any physical books, and is clearly no 

more empirical than the identity premise of the Abbrev Grelling. One does have to know (in 

some sense) what 'c' refers to in order to evaluate the sentence, but this is no more than to require 

that one understand the sentence in the relevant sense in order to evaluate it, and this is a 

requirement on any argument we might get up. Thus, it appears that the only difference we can 

point to as between Liar and Abbrev Grelling arguments for the indefinability thesis is a 
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difference which is wiped out by a trivial variant on Tarski's Liar. Possibly, Tarski thought the 

difference between the two cases more indissoluble than it turns out to be. 

6. Trouble for the T-Strategy 

We observed earlier that the most immediate upshot of obtaining (as we now have) an 

indefinability thesis which had no empirical antecedent condition would be that we could know 

apriori that certain particular languages satisfied the conditions of the thesis, and hence know 

apriori that truth was indefinable in those languages.  

An important further upshot arises from Tarski's argument, however. We have supposed that the 

strengthened (aka Abbrev Grelling or Modified Liar) indefinability thesis is reasonably thought 

apriori, and that the applicability of that thesis to some languages (abstractly conceived) would 

be likewise apriori. However, inspection of the Tarskian argument shows that a further 

conclusion may be drawn in regard to any such language. The languages to which the thesis 

applies are languages in which a certain T-sentence is formulable that leads to a contradiction. 

Any candidate for a truth definition is scuttled precisely because it must prove all the formulable 

T-sentences including this one. It stands to reason then that we can infer from this not only that 

the proposed definition is not formally correct, but also that the trouble-making T-sentence (there 

may be more than one, of course) is not true.12 Thus, it now appears, we are in a position to know 

apriori that there is a T-sentence in the language in question which is not true. It should not 

come as a surprise that some T-sentences are not true, of course, this is an easy upshot of the 

Liar. The new twist here is the apriori status conferred on this conclusion by dint of Tarski's 

strengthened indefinability thesis. 

Yet, now we have a problem. Let us continue to fix on a language which we can know apriori 

fits the antecedent conditions of a strengthened indefinability thesis. If we can know apriori that 

some T-sentences are not true, this draws into question Tarski's whole strategy of truth 

                                                
12  In fact, by an easy argument, we can show that that T-sentence is also not false, hence not truth valued. 
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definition—what we might call the T-strategy. Tarski's Convention T insists that any satisfactory 

truth definition must underwrite (prove) all the T-sentences, but if we can already know apriori 

that some of those T-sentences are not true, we must ask what legitimates the requirement 

Convention T imposes? Some justify Convention T with the claim that it ensures that the 

proposed definition makes the defined predicate extensionally correct. Could this be right? No. 

In robust languages, the constraint ensures disaster—it would not even make good sense to talk 

of the extension of a predicate introduced by such a Convention-T-bound definition.13,14 

Evidently, others have thought that T-sentences were conceptual truths underwritten by our 

concept of truth, and, if true, this would give us a clear way to justify Convention T. But this 

clearly cannot be right, either, for the simple reason that not all the T-sentences are even so much 

as true. 

Still, the idea that T-sentences are in some sense conceptually underwritten is a compelling one. 

If the failure of truth for T-sentences had been knowable only aposteriori, one might have 

pursued this line by maintaining that T-sentences are indeed (in an as yet unexplicated sense) 

conceptually underwritten, the failure of truth for those T-sentences not being somehow a 

conceptual matter at all. Convention T could then be understood as embodying some sort of 

purely conceptual requirement (albeit an ill-fated one). Given the success of the Abbrev Grelling 

and Modified Liar versions of Tarski's argument, this way of trying to defend Convention T is no 

longer open to us. If Convention T can be justified at all, we need a way of seeing how the 

constraint it imposes can be a legitimate conceptual requirement even though the impossibility of 

meeting that requirement (in certain languages) is also a bit of apriori knowledge.  Tarski's entire 

T-strategy for the truth definition problem hangs in the balance.  

                                                
13  This, because if there is such a thing as the extension of the predicate, there would have to be some things that 

were both in it and not in it, which is absurd. 
14  Some might be tempted to say that the imposition of Convention T is legitimated by the fact that it ensures 

extensional correctness in semantically open languages. This response is inadequate because it fails to address 
the matter at issue. The claim that truth is indefinable in semantically closed languages has been argued with 
crucial reliance on the assumption that adequate truth definitions must prove all the T-sentences—which is that 
thing which Convention T insists upon.  
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7. Conceptual Status of T-Sentences 

I propose below an explicit condition which T-sentences satisfy and which gives precise sense to 

the idea that T-sentences are underwritten by our concept of sentential truth. Crucially, the sense 

in which this shows Convention T to be conceptually grounded is not undermined by the 

ultimate untruth of some T-sentences. The proposal is a sophistication of a certain naive intuition 

we have about T-sentences. Consider a T-sentence such as 

'Neige est blanche' is a true sentence of French if and only if snow is white. 

Antecedently, we would have said that such a sentence recommends itself to us, because it 

seems, roughly, that one who has the proper linguistic understanding knows it to be true. Though 

we know that cannot be strictly correct, there is something to this idea. Let us begin with a case 

simpler than T-sentences. 

DEF: For language M and sentence, s, of M, we shall say that s has simple 
conceptual warrant in M  iff one who understands s (as a sentence of M), is in a 
position to know (on non-truth-functional grounds) that if i) each predicate of s is 
subserved in M by the concept it expresses in M, and ii) each singular referring 
term of s refers in M, then s is a true sentence of M. 

Understanding s as a sentence of M, as used here, is meant to imply of the agent that he or she, 

i) for each predicate, p, of s, grasps the concept, c,  expressed in M by p and 
knows of c that it is expressed in M by p, and 

ii) associates with each singular referring term of s a condition and knows that it 
uniquely picks out the referent in M of the term if such there be, and nothing 
otherwise.  

To explain what is intended by saying that a predicate is subserved by a concept, I will avail 

myself of the useful fiction that concepts come supplied with explicit application rules which say 

what sorts of things are supposed to be included or excluded by the concept. 

DEF: A concept, c, subserves a predicate, p, of language M iff for all x in the 
domain of discourse of M, i) if the application rules for c imply that x falls under 
c, then p applies in M to x, and ii) if the application rules for c imply that x fails to 
fall under c, then p fails to apply in M to x. 
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Ordinarily, of course, if a predicate expresses a concept, that concept subserves the predicate.  

However, a concept could subserve a predicate which did not express it, and, just possibly, a 

predicate could express a concept that did not subserve it. 

Sentences with simple conceptual warrant evidently include i) analytically true sentences, ii) 

sentences free logics treat specially, such as 'if Vulcan is green, then Vulcan is green', as well as 

iii) some more interesting cases involving vacuous names, such as, 'if Vulcan is a planet, then 

Vulcan is a heavenly body'. These sentences have exceptional conceptual credentials, though not 

all are guaranteed to be true. They are all of a sort that we would be entitled to rely on for the 

purposes of scientific theorizing—at least until such time that it became known that 'Vulcan' fails 

to refer. 

T-sentences do not have simple conceptual warrant, but an extension of the same idea applies to 

them.15 

DEF: For sentences M and L, and for t, a T-sentence in M for some language, L, 
(where t has form Úd is a true sentence of l iff p¿), we shall say that t has subtle 
conceptual warrant in M just in case one who 

i) understands t as a sentence of M,  

ii) recognizes that the sentence denoted in M by d is a sentence of the 
language denoted in M by l,  

iii) understands the sentence denoted in M by d as a sentence of the 
language denoted in M by l. 

is in a position to know (on non-truth-functional grounds) that 

if each predicate of t is subserved in M by the concept it expresses in M, 
and each singular referring term of t refers, then t is a true sentence of M. 

T-sentences have subtle conceptual warrant. The notion of subtle conceptual warrant aims to 

capture the special sense in which these sentences are conceptually underwritten. It grounds our 

                                                
15  Antecedent conditions (i)-(iii) are meant to avoid incidental failures of the sort adumbrated in (Soames, 1995, 

pp. 262-4) 
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feeling that example T-sentences are "iron clad". Let us say of a sentence of a language M that it 

has full conceptual warrant in M just in case it has either simple or subtle conceptual warrant in 

M. 

Earlier we asked what was the status of T-sentences such that it could make sense to insist on a 

truth definition entailing them even though not all those T-sentences are true. The answer to this 

question is that T-sentences have full conceptual warrant. A T-sentence need not be true to have 

full conceptual warrant, but such warrant ensures that the sentence is conceptual underwritten in 

a strong sense. Very roughly speaking, our concept of sentential truth is such as to indicate the 

truth of all such T-sentences, and indeed it must be so, unless there is something deeply wrong 

with the concept—something which could prevent some predicates which express that concept 

from being subserved by it. If a concept was incoherent in this way, even a meaning-giving 

definition of a predicate which expressed it might well entail untruths, but this would not be 

grounds for thinking the proffered definition not meaning-giving, nor a reason to think that a 

meaning-giving definition need not entail just those things. The case of the concept of sentential 

truth and an adequate truth definition is parallel to this. A conceptually warranted definition 

might be expected to entail all the T-sentences, and, though not all of these may be true, this is 

not grounds for thinking that an adequate definition need not entail them. 

8. Conclusion 

In summary, the results of our investigation are now as follows. First, Tarski's Grelling does not 

quite serve his purpose, but there is indeed a version of the Grelling that could be used in the 

context of Tarski's argument, and it would give the resulting indefinability thesis the added 

strength that Tarski alleges. Second, and somewhat disappointingly, a simple variant of Tarski's 

Liar would have done just as well. Third, the success in this regard of a Grelling (or Liar) variant 

of Tarski's argument exacerbates a tension which threatens to undermine Tarski's T-strategy of 

truth definition. In the end, I offered a precise characterization of the conceptual status of T-

sentences that would resolve this tension. 
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Appendix 

A variant strategy for formulating the Grelling argument that is not considered in the text is the 

following—which employs just one definition and one abbreviation. 

 
In this approach to the argument, we will use one abbreviation (for simplicity of 
expression) and one definition. Again our argument will be given in an 
abbreviated form. The argument itself can be obtained from the abbreviated form 
below by everywhere replacing occurrences of 'SA' with the expression 'such that 
the sub of it is a true sentence.' 

DEF: For all x and y, y is a sub of x iff y is the result of concatenating 'The 
sentence', a word-break, a single-quote mark, an instance of x, a single-quote 
mark, a word-break, and the result of deleting the first two words of x. 

Split Grelling Argument: The abbreviated presentation we would give for this 
argument is exactly the same as for the Abbrev Grelling in the text, and is not 
repeated here. 

It is important for our purposes that we keep clearly in view that, while the abbreviated forms of 

the two arguments are the same, the arguments are different. This argument uses a defined term 

('is the sub of') that the Abbrev Grelling argument did not.  

It may seem that the Split Grelling argument combines the failings of each of our earlier 

formulations and so that it is the worst candidate, but this is not true. The failure with the 

Defined Grelling version was that it relied on a definition that was not beyond suspicion (truth-

involved as that definition was). This interfered with our ability to draw the desired indefinability 

conclusion. The Split Grelling argument, however, relies only on a definition that seems quite 

above suspicion. 'Is the sub of' is defined in purely syntactical terms—expresses a purely 

syntactical relation.  

A Split Grelling version of the indefinability thesis will have as an antecedent condition that the 

identity premise of a Split Grelling argument is assertible in the language in question. This 

premise has the same status as in the Abbrev Grelling. Thus, the Split Grelling has no advantage 
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relevant to our concerns here. By the same token it also fares no worse than the Abbrev Grelling, 

and so suits Tarski's purpose equally well.  

In the text, I have identified Tarski's Grelling sketch with something like the Defined Grelling, 

but it might be that his Grelling could be fairly rendered also as a kind of Reverse Split-Grelling, 

where 'is SA' is a defined term and 'is the sub of' is an abbreviation. However, the resulting 

indefinability argument would have just the weakness which we saw with the use of the Defined 

Grelling. 
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